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Abstract This squib revisits observations on disjunctions with conflicting
presuppositions. I argue that the major semantic theories of presupposition
projection do not predict their behavior in such cases in a satisfactory way. Two
possible reactions are discussed, although both face a potential concern.
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1 Introduction and summary

This squib is concerned with disjunction with conflicting presuppositions, ex-
emplified in (1). Let 𝜙𝑝 represent a proposition 𝜙 with presupposition 𝑝. The
sentences in (1) are all of the form of 𝜙𝑝 ∨𝜓𝑞, where 𝑝∧ 𝑞 = ⊥. (This is not a
logical contradiction in (1b) and (1c), but I suppose that they are uttered with
the world knowledge that a nation with a king does not have a president, and
vice versa.)

(1) a. The liquid in this tank has either stopped fermenting or it has not yet
begun to ferment. (Hausser 1976: 268)

b. Suzan either met the king or the president of Bessarabia.
(Landman 1986: 201)

c. Either the King of Buganda is now opening parliament or the President
of Buganda is conducting the ceremony. (Beaver 2001: 44)
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The disjunctions intuitively presuppose 𝑝∨𝑞. This is a tautology in the case
of (1a). (1b), on the other hand, is felicitous in a context where it is clear that
Bessarabia has a head of state, and that the head is either a king or a president
(Landman 1986). The same holds for (1c): it is already accepted that the state
has either a king or a president.

Intuitively, the sentences are false if the disjunctive presupposition is true
and both disjuncts are false (Hausser 1976, Beaver 2001). (1a) is false if the liquid
in the tank is fermenting; (1b) is false if Suzan did not meet the head of the
nation; and (1c) is false if the head is not opening parliament.1

The purpose of this squib is to revisit these two observations, summarized
in (2), within the recent pursuit of an explanatory theory of presupposition
projection (Schlenker 2008, 2009; Rothschild 2011). This squib examines the
descriptive adequacy of major theories to highlight the desiderata for to-be-
developed explanatory theories. It is shown that existing theories fail to predict
(2a), (2b), or both. Two possible reactions will be discussed, but they both leave
a considerable amount of work to be done. Nevertheless, I suggest that granting
more flexible accommodations to disjunction is the most promising path.

(2) 𝜙𝑝 ∨𝜓𝑞 (where 𝑝 contradicts 𝑞)

a. presupposes 𝑝∨ 𝑞, and
b. is false if 𝜙𝑝 is false and 𝜓𝑞 is false.

Section 2 discusses four existing theories and point out their empirical flaws.
Section 3 considers two possible moves from there and suggests a promising
path. Section 4 concludes.

2 Review of major analyses

2.1 Strong Kleene disjunction

Strong Kleene Logic is a trivalent logic with three values for propositions: 1 for
truth, 0 for falsity, and ∗ for undefinedness (Kleene 1952). Given a proposition
𝜙, a presupposition 𝑝 of𝜙 is a proposition that must be true for𝜙 to be bivalent
(1 or 0). The disjunction is defined as follows in Strong Kleene Logic.

1 I follow Beaver’s (2001) assumption that opening parliament and conducting the ceremony are
synonyms.
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Definition 1. Strong Kleene Disjunction

∨𝑠 1 0 ∗
1 1 1 1
0 1 0 ∗
∗ 1 ∗ ∗

Strong Kleene disjunction makes an undesirable prediction for (1): whenever
the disjunction is defined, it is true (Hausser 1976). In other words, disjunctions
can never be defined and false. For (1) to be false, both disjuncts must be defined,
and thus, both presuppositions 𝑝 and 𝑞 must be true. However, this cannot
be the case because 𝑝 ∧ 𝑞 = ⊥. The inadequacy of this prediction is evident
from the intuition that the sentences in (1) are false in the appropriate scenarios
mentioned above.

Furthermore, Hausser (1976) and Beaver (2001) observe that these scenarios
make the negations of the disjunctions true, as seen in (3) and (4). However, if
the disjunctions in (1) are never false under the Strong Kleene interpretation,
there is no way that the negated counterparts true.

(3) It is not the case that the liquid in this tank has either stopped fermenting
or it has not yet begun to ferment. (Hausser 1976: 269)
⇝ True if the liquid is fermenting.

(4) Neither is the King of Buganda now opening parliament nor is the President
of Buganda conducting the ceremony. (Beaver 2001:45)
⇝ True if the head of the nation is not opening parliament.

2.2 Two-dimensional semantics

The two-dimensional semantics of Karttunen & Peters (1979) faces the same
problem: the truth of the presuppositional dimension entails the truth of the
assertive dimension for (1).

Given a proposition 𝜙, which may or may not have a non-tautological pre-
supposition, let 𝐴(𝜙) be the assertion of 𝜙, and Π(𝜙) be the presupposition
of 𝜙. With the explicit notation of presuppositions we have adopted so far,
𝐴(𝜙𝑝) = 𝜙, and Π(𝜙𝑝) = 𝑝. Following the gist of the definition in Karttunen &
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Peters 1979, the presupposition and the assertion of a disjunction are defined
as follows.2

Definition 2. Two-dimensional definition for disjunction

• 𝐴(𝜙∨𝜓) ≔ 𝐴(𝜙) ∨𝐴(𝜓)

• Π(𝜙∨𝜓) ≔ (¬𝐴(𝜓) → Π(𝜙)) ∧ (¬𝐴(𝜙) → Π(𝜓))

The truth value of proposition 𝜙 is based on the value of 𝐴(𝜙) and Π(𝜙),
defined as follows.

Definition 3. Truth value of 𝜙 based on 𝐴(𝜙) and Π(𝜙)
𝐴(𝜙) Π(𝜙) 𝜙
1 1 1
0 1 0
1 0 ∗
0 0 ∗

Now consider the case of 𝜙𝑝∨𝜓𝑞 in (1), where 𝑝∧𝑞 = ⊥. For the disjunction
to be bivalent, Π(𝜙𝑝 ∨𝜓𝑞), which reduces to (5), must obtain the value 1.

(5) (¬𝐴(𝜓𝑞) → Π(𝜙𝑝)) ∧ (¬𝐴(𝜙𝑝) → Π(𝜓𝑞))
= (¬𝜓 → 𝑝)∧ (¬𝜙 → 𝑞)

This is the case if one of the following holds:

(6) a. 𝜓∧𝜙
b. 𝜓∧¬𝜙∧𝑞
c. ¬𝜓∧𝑝∧𝜙
d. 𝜓∧𝑝∧𝜙∧𝑞

(6d) cannot be true because 𝑝 ∧ 𝑞 = ⊥. (6a), (6b) and (6c) entail that the
assertion 𝐴(𝜙𝑝 ∨𝜓𝑞) = 𝜙∨𝜓 is true. Therefore, whenever the disjunction is
defined (i.e., Π(𝜙𝑝 ∨𝜓𝑞) = 1), the sentence is true. Conversely, the sentence is
never defined and false, facing the problem of (2b).

2 The definition reflects the fact that presupposition filtering in disjunction is symmetrical (see
Kalomoiros & Schwarz 2021 for experimental support), departing from the asymmetrical defi-
nition in Karttunen & Peters 1979. The asymmetrical definition is not suitable here because it
would project the presupposition of the first disjunct unconditionally.
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We could modify the definition of Π(𝜙∨𝜓) to obtain the intended result.
For example, (7) with the definition of 𝐴(𝜙∨𝜓) in Definition 2 makes the correct
prediction for (1).

(7) Π(𝜙∨𝜓) ≔ Π(𝜙) ∨Π(𝜓)

However, it makes too weak a prediction for (8). The sentence is predicted
to presuppose the tautology ⊤∨Π(𝜓) since Π(𝜙) = ⊤. This goes against the
intuition that (8) presupposes that Bill has children.

(8) Either [𝜙 baldness is not hereditary ], or [𝜓 all of Bill’s children are bald ].
(Karttunen 1974)

2.3 Update semantics

Dynamic accounts of presupposition also fail to account for (2). The discussion
here is based on propositional update semantics (Veltman 1996; Beaver 2001:
ch. 6; see also Groenendijk, Stokhof & Veltman 1996). A context is modeled
as a state 𝑠, a set of possible worlds. For classical atomic proposition 𝜙, the
update 𝑠[𝜙] is defined as 𝑠[𝜙] = {𝑤 ∈ 𝑠|𝜙𝑤 = 1}. Negation and disjunction
are defined as follows (Heim 1982; Groenendijk, Stokhof & Veltman 1996; Beaver
2001).3

Definition 4. Updates

• 𝑠[¬𝜙] ≔ 𝑠/𝑠[𝜙]

• 𝑠[𝜙∨𝜓] ≔ 𝑠[𝜙] ∪ 𝑠[¬𝜙][𝜓]

Incorporating the insights of trivalent logic, I assume that the update results
in the designated undefinedness state, represented as ∗, if the presupposition
is not satisfied in the initial state 𝑠. The definedness condition is stated in
Definition 5. 𝑠[𝜙𝑝] is defined only when 𝑠[𝑝] = 𝑠. Suppose that set subtraction
/ and set union ∪ are extended so that 𝑠/∗ = ∗, and ∗∪𝑠 = 𝑠∪∗ = ∗ for any
𝑠.

Definition 5. Update by 𝜙𝑝

• 𝑠[𝜙𝑝] ≔ {
∗ if 𝑠[𝑝] ≠ 𝑠
𝑠[𝜙] otherwise

3 The symbol / represents set subtraction. 𝑠[𝜙][𝜓] is an abbreviation of (𝑠[𝜙])[𝜓].
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Now consider (1) in the current setting. The update by (1) results in unde-
finedness, unless the truth of the disjunction is given in the input state. That is,
whenever the update is defined, the disjunction is uninformative. This is parallel
with the issue we saw above that the disjunction is never false.

The update is defined (but uninformative) if 𝑠[𝜙𝑝] is defined and 𝑠[𝜙𝑝] = 𝑠.4

To see this, consider 𝑠[𝜙𝑝 ∨𝜓𝑞] (𝑝∧ 𝑞 = ⊥), which is by definition reduced to
𝑠[𝜙𝑝] ∪ 𝑠[¬𝜙𝑝][𝜓𝑞]. The left side of the union is defined by the assumption
that 𝑠[𝜙𝑝] = 𝑠, and due to this assumption, 𝑠[¬𝜙𝑝] = ∅. Therefore, we obtain
(9).

(9) 𝑠[𝜙𝑝] ∪ 𝑠[¬𝜙𝑝][𝜓𝑞] = 𝑠 ∪∅[𝜓𝑞] (If 𝑠[𝜙𝑝] = 𝑠)

The right side of the union is defined if ∅[𝑞] = ∅, which is indeed the case.
Since both sides of the union are defined, the entire update is defined. However,
notice that the definedness presupposes the truth of 𝑝 and 𝜙 in all the worlds
in 𝑠: the truth of a disjunct (and hence the truth of the entire disjunction) must
be given in the input state.

The update results in undefinedness in the other cases. Suppose that 𝑠[¬𝜙𝑝]
is defined and non-empty. Then 𝑠[¬𝜙𝑝][𝜓𝑞] is always undefined, because 𝑝 is
true in every world in 𝑠[¬𝜙𝑝] and 𝑝∧ 𝑞 = ⊥. In none of the worlds in 𝑠[¬𝜙𝑝]
is 𝑞 true. Hence, the right side of the union is undefined, and so is the entire
update.

Ideally, the input state 𝑠 for (1) should look like {𝑤𝜙𝑝,𝑤¬𝜙𝑝,𝑤𝜓𝑞,𝑤¬𝜓𝑞},
where subscripts indicate the true relevant proposition(s) in each world. For (1c),
for example, this state presupposes 𝑝∨𝑞: the country has a king or a president.
The head of the country may (in 𝑤𝜙𝑝 and 𝑤𝜓𝑞) or may not (in 𝑤¬𝜙𝑝 and 𝑤¬𝜓𝑞)
open parliament. The update by (1c) eliminates the latter possibility, resulting in
{𝑤𝜙𝑝,𝑤𝜓𝑞}. The discussion in the previous paragraph shows that the current
definition of disjunction fails to derive this update.

2.4 Schlenker’s incremental evaluation

The problem of (2b) also arises in theories that do not grant any semantically spe-
cial status to presuppositions, like Schlenker’s (2009) calculus of local contexts.
Schlenker (2009) replicates the results of update semantics within a semantically
non-dynamic framework. For him, the presupposition 𝑝 of a proposition 𝜙 is
semantically conjoined with the assertion: 𝑝∧𝜙. Presuppositions are subject

4 I thank the Semantics and Pragmatics reviewer for pointing out the case where the update is
defined and bringing this case to my attention.

7:6



Conflicting presuppositions

to a pragmatic condition that they must be entailed by their local contexts. For
disjunction 𝜙∨𝜓, the local context for the second disjunct is characterized as
𝑠[¬𝜙].

Consider the cases in (1) then. Since presuppositions are conjoined with
their assertions, the disjunctions are now represented as (𝑝 ∧ 𝜙) ∨ (𝑞 ∧ 𝜓).
Let 𝑠0 be the global context. It turns out that 𝑠0 cannot contain worlds where
the presupposition of a disjunction is true but the assertion is false, when
the disjuncts have contradictory presuppositions. To see this, suppose that 𝑠0
contains a world 𝑤¬𝜙𝑝 where 𝑝 is true and 𝜙 is false. With the notation from
the update semantics, the local context for the second disjunct is characterized
as 𝑠0[¬(𝑝∧𝜙)]. The pragmatic condition requires that in every world in 𝑠1 =
𝑠0[¬(𝑝 ∧𝜙)], the presupposition of the second disjunct, 𝑞, is true. But since
𝑤¬𝜙𝑝 ∈ 𝑠1 and 𝑞 is false in this world because of the assumption 𝑝 ∧ 𝑞 = ⊥,
the pragmatic condition is not met. Hence, 𝑤¬𝜙𝑝 should not be contained in 𝑠1,
or ultimately, 𝑠0. The same reasoning applies to the local context of the first
disjunct, 𝑠0[¬(𝑞 ∧𝜓)], and the worlds where 𝑞 is true and 𝜓 is false should
not be contained in 𝑠0. Since the worlds where neither 𝑝 nor 𝑞 is true also fail
the pragmatic condition, it should be concluded that 𝑠0 only contains worlds
where either 𝑝∧𝜙 or 𝑞∧𝜓 is true. But then the disjunction is uninformative as
truth is already presupposed in the context. Therefore, the disjunction cannot
be false.

3 Two possible reactions

We have seen that the major theories considered above predict that the disjunc-
tions in (1) are never false. I discuss two potential paths we can take from here:
an analysis with the meta-assertion (𝒜)-operator (Section 3.1) and an analysis
with flexible accommodations (Section 3.2). The latter suggests a way to account
for (2), although its success is due to its semantic underspecification.

3.1 Meta-assertion operator

Considering the difficulty posed by (1), Beaver & Krahmer (2001) propose to
make use of the meta-assertion operator, defined below, within the trivalent
system.
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Definition 6. Meta-assertion operator

𝜙 𝒜𝜙
1 1
0 0
∗ 0

𝒜𝜙 carries no presupposition because it is always bivalent. If 𝜙 carries
a presupposition 𝑝 and 𝑝 is false, 𝜙 is undefined (∗), but 𝒜𝜙 is false (0).
Intuitively, 𝒜 renders 𝜙𝑝 as 𝜙∧𝑝, where the presupposition 𝑝 is conjoined
with the assertion 𝜙.

Beaver & Krahmer (2001) work with Weak Kleene disjunction, defined below.
In interpreting (1), they claim that the 𝒜-operator is inserted on top of each
disjunct, as in (10).

Definition 7. Weak Kleene disjunction

∨𝑤 1 0 ∗
1 1 1 ∗
0 1 0 ∗
∗ ∗ ∗ ∗

(10) 𝒜𝜙𝑝 ∨𝑤 𝒜𝜓𝑞

(10) has an advantage in that it can be false in the cases in (1). But it is false
in more situations than expected. For example, it is false even when neither 𝑝
nor 𝑞 is true, which is counterintuitive. The weaker falsity condition stems from
the fact that (10) does not have any presupposition because of the definition of
the 𝒜-operator. Thus, though (10) can be false, it goes against the observation
that (1c) has a disjunctive presupposition 𝑝∨𝑞, or a more modest intuition that
(1c) has some presupposition.

The meta-assertion operator can be integrated into the Strong Kleene inter-
pretation. A prima facie plausible hypothesis here is that when the disjunctions
in (1) are false, we interpret them with the 𝒜-operator. For example, consider a
scenario where Buganda has a king but no president, and the king is not opening
parliament. The scenario intuitively makes (1c) false. Inserting the 𝒜-operator
on top of the second disjunct, as in (11), makes the sentence false under the
Strong Kleene definition: the first disjunct has the value 0 due to the falsity
of the assertion, and the second disjunct has the value 0 due to the falsity of
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the presupposition and the semantics of 𝒜. A potential concern for this line
of analysis is that the sentences in (1) still cannot be false with the presupposi-
tion 𝑝∨ 𝑞. The Strong Kleene interpretation only predicts (11) to presuppose
¬𝒜𝜓𝑞 → 𝑝.

(11) 𝜙𝑝 ∨𝑠 𝒜𝜓𝑞

Another conceptual question raised by the meta-assertion operator analysis
is how to constrain its use. Obviously, the unconstrained insertion of 𝒜 voids
presuppositions of any sentences. Beaver & Krahmer (2001) suggest that the
operator could be inserted if the formula would never be defined otherwise, or
if a part of the formula would be inconsistent or non-informative otherwise. A
part of the formula is inconsistent/non-informative if replacing that part with
⊥/⊤ does not have any semantic effect. (See Beaver & Krahmer 2001 for the
precise definitions.)

The insertion of two 𝒜-operators in (10) is allowed because the formulae
with no or fewer insertions of the operator face undefinedness or inconsistency.
(12a) faces undefinedness: due to 𝑝∧𝑞 = ⊥, in no world is the formula defined;
(12b) and (12c) face inconsistency : due to the contradiction of the presuppositions,
the first disjunct in (12b) and the second disjunct in (12c) could be replaced by
⊥ without any truth-conditional effect. For instance, (12b) is defined and true
only when 𝑝 and 𝜙 are true, but the truth of 𝑝 renders the second disjunct
necessarily false. Hence, replacing the second disjunct with ⊥ preserves the
truth condition.

(12) a. 𝜙𝑝 ∨𝑤 𝜓𝑞

b. 𝜙𝑝 ∨𝑤 𝒜𝜓𝑞

c. 𝒜𝜙𝑝 ∨𝑤 𝜓𝑞

However, recall that (10) fails to predict any presupposition for the cases in
(1). The account does not offer a good analysis even with Strong Kleene disjunc-
tion. In fact, although inserting the 𝒜-operator to Strong Kleene disjunction
lets some presuppositions project, the conditions above do not allow us the
use of 𝒜 there: 𝜙𝑝 ∨𝑠 𝜓𝑞, in the Strong Kleene interpretation, does not face
undefinedness, inconsistency, or non-informativity. What we would need, there-
fore, is a constraint that governs the use of the 𝒜-operator in the Strong Kleene
system, which I cannot offer now.

7:9



Yusuke Yagi

3.2 Flexible accommodation

Another possible move to account for (2) is to accept more flexible accommoda-
tion. As illustrated below, this move provides the most accurate description of
the facts in (2). Using the technical setting of propositional update semantics,
consider (13).

(13) 𝑠[𝜙∨𝜓] ≔ 𝑠[𝜒][𝜙] ∪ 𝑠[𝜔][𝜓], where 𝑠[𝜒] ∪ 𝑠[𝜔] = 𝑠

Intuitively speaking, (13) allows to split the state 𝑠 into 𝑠[𝜒] and 𝑠[𝜔] by accom-
modating the propositions 𝜒 and 𝜔. This line of analysis is advocated by Geurts
(2005) and Aloni (2022) based on different motivations, although the technical
details differ in significant respects.5

Suppose, following Geurts (2005), that 𝜒 and 𝜔 are by default tautologies
(⊤) such that 𝑠[𝜒] = 𝑠 and 𝑠[𝜔] = 𝑠. The accommodation of a non-tautological
proposition is allowed only if the update would violate an independent pragmatic
principle otherwise. This accounts for why the run-of-the-mill disjunction with a
presupposition, (14a), inherits the presupposition 𝑞 of the second disjunct. The
update in (14b) is defined only when 𝑠[𝑞] = 𝑞, that is, 𝑞 is true in every world in
𝑠.

(14) a. Either [𝜙 baldness is not hereditary ], or
[𝜓𝑞

all of Bill’s children are bald. ]
b. 𝑠[⊤][𝜙] ∪ 𝑠[⊤][𝜓𝑞]

(15a) is a case where a non-tautological accommodation is justified. If 𝜒 =
𝜔 = ⊤, the sentence induces update (15b). (15b) is defined if only if 𝑠[𝑞] = 𝑠.
But then it holds that 𝑠[⊤][𝜙] = ∅ whenever the update is defined because
𝜙∧𝑞 = ⊥. This result violates genuineness (Zimmermann 2000), which requires
that both disjuncts should be a live possibiilty, formally defined in Definition 8.

(15) a. Either [𝜙 Bill has no child ] or [𝜓𝑞
all of Bill’s children are bald ].

b. 𝑠[⊤][𝜙] ∪ 𝑠[⊤][𝜓𝑞]

5 Neither Geurts nor Aloni makes use of dynamic implementation. Geurts also assumes that
English or should be interpreted as modal conjunction, as proposed by Zimmermann (2000).
Therefore, the definition is not contingent on the setting of update semantics. (13) is the first
approximation of what we need to account for (2).
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Definition 8. Genuineness

• Disjunction 𝜙∨𝜓 follows genuineness given a state 𝑠 iff there are worlds
𝑤,𝑤′ ∈ 𝑠 such that:

– {𝑤}[𝜙] = {𝑤} and 𝑤 ∈ 𝑠[𝜙∨𝜓];

– {𝑤′}[𝜓] = {𝑤′} and 𝑤′ ∈ 𝑠[𝜙∨𝜓]

To avoid the violation, 𝜓 takes as its input state a subset of 𝑠, here presum-
ably 𝑠[¬𝜙]. The update then is 𝑠[⊤][𝜙] ∪ 𝑠[¬𝜙][𝜓𝑞]. It is defined only if
𝑠[¬𝜙][𝑞] = 𝑠[¬𝜙]. Therefore, the update is defined only if ¬𝜙 → 𝑞, a tautol-
ogy in this particular case, is true in all worlds in 𝑠.6

Now for (1), the default assumption 𝜒 = 𝜔 = ⊤ predicts update (16). It is
never defined, hence violating genuineness, because 𝑝∧ 𝑞 = ⊥.

(16) 𝑠[⊤][𝜙𝑝] ∪ 𝑠[⊤][𝜓𝑞]

Therefore, the update diverges from the default and each disjunct is evaluated
against a proper subset of 𝑠. In this case, we can identify 𝜒 as ¬𝑝, and 𝜔 as ¬𝑞.
The presuppositions require that in every world in 𝑠[¬𝑝] the presupposition
𝑞 must be true, and in every world in 𝑠[¬𝑞], 𝑝 must be true. Since we require
𝑠[𝜒]∪𝑠[𝜔] = 𝑠, either 𝑝 or 𝑞 is true in every world in 𝑠, deriving the disjunctive
presupposition 𝑝∨ 𝑞.

6 The availability of a conditional presupposition is what teases the analysis presented here apart
from an alternative approach. For instance, as Mandy Simons (p.c.) points out, the following two
assumptions make quite similar predictions for (14) as well as for (1).

(i) a. 𝑠[𝜙∨𝜓] = 𝑠[𝜙] ∪ 𝑠[𝜓]
b. Presuppositions are accommodated (globally or locally).
For (14), the presupposition 𝑞 of the second disjunct is accommodated globally. For (1),

due to the conflict of the presuppositions 𝑝 and 𝑞, local accommodation takes place and the
update results in 𝑠[𝑝][𝜙𝑝] ∪ 𝑠[𝑞][𝜓𝑞]. However, they differ in the available presuppositions
for (ii). Katzir & Singh 2012 observes that the sentence presupposes ¬𝜙 → 𝑞. The conditional
presupposition arises through the process described in the main text. (The violation of genuine-
ness might be imposed by the assumption that every wetsuit-holder is a scuba diver, though
I leave this issue open.) On the other hand, it is unclear how the conditional presupposition
arises through the pair of possibilities in (i).

(ii) Either [𝜙 John is not a scuba diver ], or [𝜓𝑞
his wetsuit is blue]. (Katzir & Singh 2012: 155,

annotation added)
It has to be noted, however, that the availability of conditional presupposition is due to the

somewhat unrestricted identification of 𝜒 and 𝜔 in the main text. Therefore, I avoid concluding
that the analysis in the main text is properly superior to the alternative.
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(17) 𝑠[(1)] = 𝑠[¬𝑞][𝜙𝑝] ∪ 𝑠[¬𝑝][𝜓𝑞], where 𝑠[¬𝑞] ∪ 𝑠[¬𝑝] = 𝑠

The disjunctions in (1) can also be false. To see this, let 𝑠 = {𝑤𝜙𝑝,𝑤¬𝜙𝑝,
𝑤𝜓𝑞,𝑤¬𝜓𝑞}. Identifying 𝜒 and 𝜔 as above, 𝑠[𝜙𝑝 ∨𝜓𝑞] = {𝑤𝜙𝑝,𝑤𝜓𝑞}, so
𝑠[¬(𝜙𝑝 ∨𝜓𝑞)] = 𝑠/𝑠[𝜙𝑝 ∨𝜓𝑞] = {𝑤¬𝜙𝑝,𝑤¬𝜓𝑞}, as desired.

The definition in (13) with flexible accommodation has the potential to ac-
count for (2). The analysis is promising in that it offers some way to account for
them.7 The success, however, is due to its semantic underspecification and a lack
of fine-grained constraints on when and why (non-tautological) propositions 𝜒
and𝜔 can be accommodated. To conclude this subsection, I point out two issues
to overcome for this line of analysis. To see one, consider again the update briefly
discussed above for 𝑠[¬(𝜙𝑝∨𝜓𝑞)]. The intended result is contingent on accom-
modating a non-tautological proposition in calculating 𝑠[𝜒][𝜙𝑝] ∪ 𝑠[𝜒][𝜓𝑞] as
a part of the update 𝑠/(𝑠[𝜙𝑝 ∨𝜓𝑞]). But then genuineness must be at work and
force accommodation even within the scope of negation. This might be peculiar,
given that we end up negating both disjuncts.

Another problem arises from (18). Recall that (15) motivates accommodation
because the presupposition of the second disjunct and the assertion of the first
disjunct are incompatible. The incompatibility is absent in (18), so genuineness
does not motivate accommodation. Nevertheless, the presupposition triggered
by the factive realize does not (have to) project. As pointed out by Beaver
(2001), the lack of projection is correctly predicted by the standard definition of
disjunction in update semantics.

(18) Either John didn’t solve the problem or Mary realized that the problem is
solved. (Beaver 2001:115)

7 There are two other potential advantages for the definition. One is that it predicts the salient
reading of (ia) described in (iia). (Geurts 2005: 389; see also Simons 2005 for the same observation).

(i) It must be here or (else) it must be there. (Geurts 2005: 383)
(ii) a. It must be here or there.

b. One of the following obtains: (i) It must be here. (ii) It must be there.
The other is the phenomenon called modal split, exemplified in (iii) (Landman 1986). Each

disjunct in (iiib) seems to be interpreted against the context specified by one of the disjuncts in
(iiia).

(iii) a. The phone will be answered by either a doctor or a secretary.
b. The doctor can tell you right away what’s the matter with you, or the nurse can make an

appointment for you.
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4 Conclusion

Let us take stock. This squib started by revisiting the observations in (2) as
a challenging testing ground for existing and future theories. The semantic
analyses of presuppositions reviewed above—trivalent logic, dynamic anal-
ysis, and two-dimensional analysis—all encounter empirical and conceptual
issues in explaining them. Two reactions are discussed, and they both involve
accommodation of presuppositions—the first one with the 𝒜-operator, and
the second with more flexible accommodation options. The latter captures the
facts in (2) the best. These benefits trade-off against a conceptual challenge
regarding the interaction with negation and the failure in predicting the absence
of presupposition in (18) (among others). Nevertheless, given the success in
describing (2), even with the tradeoffs, it might constitute a new starting point
in pursuing an explanatory theory. An explanatory theory of accommodation
that interacts with the (underspecified) semantic definition is necessary.
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