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Abstract: The use of foam as a drilling fluid was developed to meet a special set of conditions under which other common
drilling fluids had failed. Foam drilling is defined as the process of making boreholes by utilizing foam as the circulating
fluid. When compared with conventional drilling, underbalanced or foam drilling has several advantages. These advantages
include: avoidance of lost circulation problems, minimizing damage to pay zones, higher penetration rates and bit life.
Foams are usually characterized by the quality, the ratio of the volume of gas, and the total foam volume. Obtaining depend-
able pressure profiles for aerated (gasified) fluids and foam is more difficult than for single phase fluids, since in the former
ones the drilling mud contains a gas phase that is entrained within the fluid system. The primary goal of this study is to
expand the knowledge-base of the hydrodynamic phenomena that occur in a foam drilling operation. In order to gain a bet-
ter understanding of foam drilling operations, a hydrodynamic model is developed and run at different operating conditions.
For this purpose, the flow of foam through the drilling system is modeled by invoking the basic principles of continuum
mechanics and thermodynamics. The model was designed to allow gas and liquid flow at desired volumetric flow rates
through the drillstring and annulus. Parametric studies are conducted in order to identify the most influential variables in the
hydrodynamic modeling of foam flow.
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Notation 
 
A  =  Cross-sectional area (L2) 
A  =  Okpobiri and Ikoku parameter 

Aw  = area of fluid in contact with the wall per unit volume (L2/L3) 
At  =  total nozzle area, (L2) 
[A]  =  left-hand side matrix of the hydrodynamic formulation 
B  =  Okpobiri and Ikoku parameter 
[B]  =  right-hand side vector of the hydrodynamic formulation 

F
ia  =  Fehlberg constant coefficient of Runge-Kutta method 

d  =  pipe diameter (L) 
dh  =  hydraulic diameter (L) 
dij

F  =  Fehlberg constant coefficient of Runge-Kutta method 
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E  =  Okpobiri and Ikoku parameter 
Fw  =  wall shear force per unit volume (m/L2-t2) 
Fg  =  gravitational force per unit volume (m/L2-t2) 

F
iF  =  Fehlberg variable coefficient of Runge-Kutta method 

fw  =  Fanning friction factor (dimensionless) 
g  =  acceleration of gravity (L/t2) 
gc  =  unit conversion factor (32.174 lbm-ft/lbf-s2) 
ID  =  pipe inner diameter (L) 
OD  =  pipe outer diameter (L) 
K  =  consistency index (M/L-t) 
m&  =  mass flow rate (M/t) 
MW  =  molecular weight of the fluid (lbm/lbmol) 
n  =  Power-law index (dimensionless) 
P  =  pressure of the system (M/L-t2) 
Po  =  pressure immediately above the bit, or bit upstream pressure (M/L-t2) 
q  =  volumetric flow rate (L3/t) 
R  =  pipe radius (L) or universal gas constant (10.7315 psia-ft3/lbmol-°R) 
[R]  =  Vector containing the derivatives of the main unknowns of the hydrodynamic 

formulation 
Re  =  Reynolds number (dimensionless) 
ROP  =  rate of penetration (L/t) 
T  =  temperature of the system (T) 
Ti  =  temperature at gridblock “i” (T)  
Ti+1  =  temperature at gridblock “i+1” (T) 
[U]  =  Vector containing the main unknowns of the hydrodynamic formulation 
V  =  volume (L3) 
vf  =  foam velocity (L/t) 
vn  =  nozzle velocity (L/t) 
Z  =  compressibility factor (dimensionless) 
x  =  x-direction, coordinate parallel to flow (L) 

Subscripts 
 
1  =  annulus’ outer pipe 
2  =  annulus’ inner pipe 
dp  =  drillpipe 
dc  =  drillcollar 
f  =  foam 
g  =  gas 
I  =  running index 
j  =  running index 
in  =  initial 
m  =  mixture  
s  =  solid 
o  =  oil, or reference point 
w  =  water 
l  =  liquid 
 

Greek Symbols 
 
â  =  volumetric thermal expansivity of the liquid (1/T) 
å  =  pipe roughness (L) 
φ  =  porosity (dimensionless) 
è  =  angle of inclination with respect to the vertical (rad) 
ê  =  isothermal compressibility of liquid (L-t2/M) 
ì f  =  foam effective viscosity (M/L-t) 
ð  =  ratio of the circumference of a circle to its diameter = 3.14159265(…) 
ñ  =  density (M/L3) 
ÄPb  =  pressure drop across the bit (M/L-t2) 
Äx  =  incremental segment length or block size or step size (L) 
Ã  =  foam quality (dimensionless) 
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1.  Introduction

The conventional method of drilling is to use either
water-based or oil-based muds. However, the use of these
drilling muds may result in increased formation damage
or a significant reduced rate of penetration. Compared to
conventional drilling, underbalanced or foam drilling has
several advantages. These advantages include: avoidance
of lost circulation problems, minimizing damage to pay
zones, higher penetration rates and bit life. While air or
mist drilling depends on high volumetric flow rate, foam
drilling relies  on  bubble strength to remove the cuttings. 
There are also potential disadvantages to the use of foam
for drilling. These include: corrosion, downhole fires,
waste water disposal, and cost of consumables. Foam is
composed of a continuous liquid phase that surrounds and
traps the gaseous phase and the most common way to cat-
egorize foams is with respect to their qualities. Foam qual-
ity is the ratio of the gas volume to the total volume and is
expressed as:

(1)

Raza and Marsden (1967) performed an empirical
study of foam flow through tubes. They concluded that
foams behave like a pseudoplastic fluid. David and
Marsden (1969) took into consideration the fluid slippage
at the tube wall and the compressibility of foam. They
described the rheology of foam in terms of these two fac-
tors and described foam as a pseudoplastic fluid with low
gel strength.  In terms of foam rheology, one of the earli-
est studies was presented by Millhone, et al. (1972). They
used a mathematical model to predict trends such as opti-
mum gas and liquid flow rates, pressures, circulation time
and solids-lifting capability of the drilling foam. In terms
of investigating foam rheology, they plotted viscosity of
foam versus quality of foam which indicates that the vis-
cosity increases as the quality increases. Mitchell (1970)
studied the viscosity of foam by performing experiments
using capillary tubes. According to him, foam behaves
similarly to a Bingham plastic fluid. His observations led
him to ignore the wall slippage effect during foam flow.
Beyer, et al. (1972) study was one of the first studies
which included a mathematical model to describe the flow
of foam in vertical pipes and annuli. The model was a 1-
D, steady-state model that uses a Bingham Plastic model
for all rheological calculations. Using the real gas law,
Lord (1981) derived an equation of state for foams. He
presented an equation of state that accounted for the pres-
ence of solids such as propants (utilized in hydraulic frac-
turing) or cuttings (in drilling operation). Sanghani and
Ikoku (1982) used concentric annular pipe viscometer in
their experiments performed to investigate the rheology of
the foam. According to them, flowing foam behaves as a
pseudoplastic fluid without a yield value for shear rates in
the range 150 sec-1 to 1000 sec-1 and that when the quali-
ty is kept constant, effective viscosity becomes propor-

tional to shear rate. Okpobiri and Ikoku (1986) proposed a
semi-empirical method for predicting frictional pressure
losses for the contiguous flow of foam and cuttings. A
model that predicts the pressure drop across the bit noz-
zles for foams was also presented.  Additionally, they
came up with a technique to predict minimum volumetric
requirements for foam and mist drilling operations.
Ozbayoglu, et al. (2000) not only conducted experiments
on foam rheology but also compared six different rheolog-
ical models with the data obtained from their experiments.
They observed that foam behaves like a Power Law fluid
at lower qualities and behaves like a Bingham Plastic fluid
for qualities above 90%. 

Ozbayoglu,  et al. (2003) analyzed cutting transport
phenomena with foam in horizontal and highly-inclined
wells. They performed experiments to verify the results
they obtained from the computer model. They developed
a one-dimensional, three-layer model and calculated the
fluid properties and pressure profile along the wellbore
using the principles of mass and momentum balance equa-
tions for steady, isothermal conditions. Kuru, et al. (2004)
proposed a new methodology for hydraulic optimization
of foam drilling for maximizing drilling rate. The proce-
dure includes the determination of optimum combination
of gas/liquid ratio, back pressure and total flow area. They
adopted Okpobiri and Ikoku's approach for bit pressure
drop calculations. They proposed a linear relationship
between the optimum back pressure and the depth of the
well. Lourenço, et al. (2004) carried out an empirically-
based study which explored the effects of foam quality,
foam texture, pressure, temperature, and geometry of the
conduit on the rheology of the foam. They concluded that
texture of the foams also has a significant influence on
viscosity. The authors also stated that wall slippage is
another important parameter in characterizing foam flow.
They developed empirical correlations for the slippage
coefficient that are independent of foam quality.
Ozbayoglu, et al. (2005) investigated the effect of bubble
size and texture of the foam on its rheological properties.
According to the authors, even if foam qualities and flow
conditions are kept constant, the rheological properties
also change with changes in surfactant. Li and Kuru
(2005) recently presented a 1-D, unsteady-state, two-
phase mechanistic model of cuttings transport with foam
in vertical wells. The model predicts optimum foam flow
rate and rheological properties to maximize the cuttings
transport efficiency.

2.  Description of the Model

A single-phase, one-dimensional, steady-state hydraulic
model is developed to describe the flow of foam inside the
drillstring and annuli.  Foam flow is considered to be that
of a pseudo-single phase (homogeneous model) and it is
assumed that the flow can be fully characterized by solv-
ing the equations of conservation simultaneously. The
continuity and momentum equations that describe the sys-
tem of one-dimensional, area-averaged governing equa-
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+
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tions written in their non-conservative forms, written for
the foam mixture, are given below:

Continuity:

(2)

Momentum Balance:

(3)

These two equations are used in the proposed hydraulic
model expressed in customary field units. For simplicity,
the effect of temperature is superimposed in the model by
implementing prescribed temperature gradients. As a con-
sequence of this, an energy balance equation was not
required since it is assumed that the wellbore temperature
gradient is known and can be inputted. The assumption
here is that injection of foam has little impact on the well-
bore temperature, which is dominated by the thermal con-
dition of the surroundings (ie. geothermal gradients that
are particular to the region). Once the temperature gradi-
ent is known, the following equation is used to calculate
the temperature at each pipe increment:

(4)

3.  Closure Relationships

The closure relationships that define the various param-
eters of the mass and momentum balance equations are
presented and discussed below. These parameters are the
wall shear force (Fw) the gravitational force (Fg), equation
of state, and rheological model. Field units, as incorporat-
ed in the hydraulic model, are used throughout this sec-
tion.

Wall Shear Force (Fw): Wall shear force per unit vol-
ume (lbf/ft3) between the wall and the fluid is calculated a
function of the Fanning friction factor:

(5)

where the wetted area per unit volume (Aw) is defined as:

(6)

Inside the drillpipe, which is a single pipe system, the
wetted area becomes:

(7)

Inside the annulus, where the flow occurs between
two pipes, the wetted area becomes:

(8)

where R1 and R2 are the radii of the outer and inner pipe
in the annulus respectively and the "d" represents the
diameter of the corresponding pipe.

The Fanning friction factor (fw) is calculated as a func-
tion of Reynolds number (Re). Reynolds number is a
dimensionless factor that incorporates fluid's density,
velocity, effective viscosity and hydraulic diameter (dh)
and it is expressed as:

(9)

For circular tubes, the hydraulic diameter is calculated
as the wetted equivalent diameter, which is computed as
shown below:

(10)

For a single circular tube, this definition becomes:

(11)

while for two concentric tubes, one writes:

(12)

Once the Reynolds number and the equivalent diame-
ter are calculated, the friction factor can be estimated. To
determine the friction factor, the flow must be determined
to be either laminar or turbulent.  By convention, when the
Reynolds number is less than 2100, laminar flow is pres-
ent. The analytical expression from the Moody chart can
then be used:

(13)

For turbulent flow, an explicit form of the Colebrook
correlation derived by Chen (1979) is used in this study.
This correlation is written in terms of Reynolds Number
and pipe roughness (ε) takes the form:

(14)
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With the use of wetted area and friction factor, the wall
shear force (Fw) can be determined after calculation of
density and velocity. Density is obtained from the thermo-
dynamic model which is based on the equations of state
for liquids and gases presented below. Velocity is obtained
by solving the mass and momentum balance equations.

Gravitational Force (Fg): The gravitational force term
takes into consideration the density change with depth and
the     inclination of the well. For a homogeneous fluid, the
gravitational force (Fg) can be expressed as:

(15)

Equation of State: Foam is composed of a gas and a liq-
uid phase. In this study, the thermodynamic properties of
these two phases are computed using the Peng-Robinson
(1976) equation of state and the slightly compressible
model for the gas and liquid phases, respectively. The
equation of state for the liquid phase is written as:

(16)

(17)

where the cubic polynomial form of the Peng-Robinson
EOS is solved for the Z factor using Newton-Raphson
technique. The equation of state for the foam is written in
terms of quality, as shown below:

(18)

Foam Viscosity: Sanghani and Ikoku (1982) studied
foam rheology and correlated the power law index (n) and
consistency index (K) in terms of foam quality. Li and
Kuru (2005) modified these indices by performing regres-
sional analysis on the data generated in Sanghani and
Ikoku's work and proposed the following equations:

For 0.915 < Γ < 0.98:

K = -2.1474.Γ + 2.1569
n = 2.5742.Γ − 2.1649                                        (19a)

For  Γ < 0.915:

K = 0.0074.e3.5163.Γ

n = 1.2085.e-1.9897.Γ (19b)

Once the K and n indices are obtained, the effective vis-
cosity of the foam is calculated from the equation devel-

oped by Sanghani and Ikoku (1982). For flow within the
drillpipe, the effective foam viscosity is calculated as:

(20a)

and for flow through the annulus,

(20b)

4.  Pressure Drop Across the Bit

Okpobiri and Ikoku (1982) proposed the following
implicit model for estimating bit pressure drop (∆Pb) for
foam flow:

(21a)

where:

(21b)

(21c)

(21d)

(21e)

5.  Handling Cuttings

Based on the values of rate of penetration (ROP),
porosity, densities of the formation fluids and formation
rock at bottomhole conditions, and the saturation distribu-
tion of the formation fluids, the proposed model calculates
actual mixture density values within the annulus by taking
the weighted average of the foam and cuttings densities in
terms of mass flow rate. Cuttings are introduced to the
system after the bit, and they are composed of solids,
water, oil, and gas coming out of formation. The mass
flow rate of cuttings is calculated as:

(22)
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where:

The subscripts "w", "o", and "g" stand for formation
water, oil, and gas, respectively. The mixture density cal-
culation that includes the effect of both cuttings and foam
is:

(23)

where the subscript "f" stands for the value of cuttings-
free foam density obtained through Eq. (18). Mixture den-
sity (ρm) replaces cuttings-free foam density during
hydraulic calculations (Eqs. 2 and 3) taking place within
the annulus.

6.  Numerical Procedure

Equations (2) and (3) represent a system of first-order
ordinary differential equations (ODEs) that describe the
hydrodynamics of foam flow. Pressure and velocity are
the two principal unknowns of the system, while temper-
ature is defined by the geothermal gradient, as described
by Eq. (4). In order to solve the set of ordinary differential
equations simultaneously, the Runge-Kutta method is
used in this study. This study implements the method pro-
posed in the hydrodynamic model of Ayala and Adewumi
(2003), based on the Cash & Karp Embedded Runge-
Kutta procedure, described by Press et al. (1994). In this
method, the differential equations are written in a matrix
form as follows:

(24)

where [A] is a 2x2 square matrix and [B] is a 2x1 column
matrix. The derivative matrix [U] is called the solution
vector, which includes both pressure and velocity values.
One must write Eq. (24) explicitly in terms of the deriva-
tive matrix [U] in order to make it suitable for Runge-
Kutta procedure as shown below:

(25)

Thus, [R] can be written in terms of the matrix elements
of [A] and [B] as follows:

(26)

where: 

(27)

Therefore, the two differential equations that compose
the model (Eqs. 2 and 3) can thus be written in a form
analogous, in field units, as shown below:

(28)

Runge-Kutta  method  calculates the solution vector
U(x + ∆x) as a function of Uo. As stated in the above sec-
tion, U(x) contains pressure and velocity of the fluid for
this study. The method gives the fifth estimate as:

(29)

(30)

(31)

7.  Results and Discussion

The influence of different input parameters on foam
flow can be evaluated separately. The parameters that are
considered to be influential on foam flow calculations
through a drillstring are: geometry of the system (ie. pipe
diameters), geothermal gradient of the field, quality of the
foam at the surface, total flow rate at standard conditions,
and rate of penetration (ROP). A base case was construct-
ed so that the effect of each parameter is analyzed with
respect to a certain reference point. For the base case,
foam consists of nitrogen and water with flow rates of 2
MSCF/min and 5 gal/min respectively at 5,000 psia and
65°F. Table 1 summarizes these conditions, where it is
assumed that the hole is cased for most of the total depth
and that the influence of the openhole section on the
hydrodynamics of the flow is minimal. In the subsequent
sections, this case will be used as the base-line for com-
parison purposes.
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Figure 1 shows the pressure and temperature profiles
in the drillstring and annulus. Pressure increases as depth
increases towards the bottom of the well and starts to
decrease as the flow goes through the annulus. This is an
indication that the gravitational force is dominant as com-
pared to frictional force. The steeper slope in the annulus
section reflects the fact that both the gravitational and fric-
tional forces are formed in the opposite direction of the
flow. Figure 2 demonstrates that, although there is a sig-
nificant change in pressure throughout the wellbore, the
velocity of the foam does not change significantly except
for the sections where the geometry of the system
changes. The two sharp changes in velocity indicate the
presence of a diameter change. The reason for the small
slope in the velocity profile in Fig. 2 (drillstring and annu-
lus) can be explained by Fig. 3, which shows the density
profiles. As it is seen from Fig. 3, foam density changes
slightly except for the section where the transition from
the drillstring to the annulus takes place. That section is
the place where the cuttings enter the foam and make it
heavier mostly because of the more dense rock particles.
Since the velocity calculations are mostly driven by the
density, for the case of drillstring and annulus, no dramat-
ic change is seen in the velocity distribution. 

In  Fig. 4, a different slope in the quality profiles of the
drillstring and annulus can be easily recognized.  As given

in Eq. (1), foam quality depends on both gas and liquid
volumes. However, since the liquid is assumed to be
slightly compressible and there is no condensation of gas,
the change in the volume of the liquid phase is negligible.
Therefore, there is an increase in foam quality inside the
drillstring because of the increase in gas volume (decrease
in gas density). The decrease in density is the result of the
fact that rather than pressure effect, temperature effect
dominates the gas density calculations. Throughout the
annulus, pressure and temperature work together to make
the gas density decrease with steeper slope and that makes
the quality more affected.

7.1  Effect of Quality
The quality of foam at the surface can be changed either

by changing the gas and liquid injection flow rates speci-
fied at standard conditions or by altering injection condi-
tions (Pi, Ti). The effect of different values of initial qual-
ity on the hydrodynamics of the system is investigated by
changing injection rate specification at standard condi-
tions. To understand the effect of quality, the program was
tested with a constant gas flow rate of 2-MSCF/min and
with three different liquid flow rates of 12.5, 8.85, and
2.64-gal/min forming a foam with qualities of 80%, 85%
and 95%. Figure 5 shows the pressure profiles for differ-
ent quality values at surface injection conditions. In this
plot, one can see that as the quality at the surface decreas-
es, the slope of the pressure profile increases because of
the higher density of low quality foams. The opposite
effect on velocity profile is demonstrated in Fig. 6. Lower
qualities imply higher density values because of the high-
er liquid fraction. This fact is seen in Fig. 7.  Changes in
surface quality become unimportant after the bit because
of the contribution of the higher density rock particles to
foam density. The surface quality affects only the magni-
tudes of quality profiles. The trends are all the same for
four different surface qualities (Fig. 8).

7.2 Effect of Temperature Gradient vs.
Isothermal Assumption

Injection pressure, psia 5,000 
Injection temperature, °F 65 
Total Depth, ft 10,000 
qg at the injection point, MSCF/min 2 
ql at the injection point, gal/min 5 
Quality at the injection point, Ã 90.9% 
Total Flow Rate, SCF/s 33.3 
IDdp, in 5 
ODdp, in 5.5 
IDdc, in 4.5 
ODdc, in 7 
IDcasing, in 9.25 
Drillcollar depth, ft 9,500 
Nozzle diameter, in 3 x 13/32 
Pipe roughness, in 0.00015 
Temperature Gradient, °F/ft 0.015 
ROP, ft/min 0.5 
Porosity, ?  0.25 
Rock density, lbm/ft3 170 
Formation water density, lbm/ft3 64 
Formation oil density, lbm/ft3 45 
Formation oil saturation, So 0.3 
Formation water saturation, Sw 0.4 
Formation gas saturation, Sg 0.3 
Liquid compressibility factor, 1/psi 1.00E-06 
Liquid volume expansivity, 1/°F 1.00E-06 

Foam Water + 
Nitrogen 

Table 1.  Base case conditions

Two different temperature gradients other than the base 
case were tested using the proposed model. One of 
them is a quite large value (0.03 °F/ft) whereas the 
other one is taken as  0 °F/ft which represents 
isothermal conditions. The effect of temperature 
gradient can be clearly seen from all of the plots given 
in Figs. 9 to 12. Figure 9 shows that as the temperature 
increases more rapidly, the slope of the pressure profile 
decreases. This is because of the direct influence of 
temperature gradient on the pressure derivative 
calculations in Eq. (28). One can easily see that the 

temperature gradient has a positive contribution to 
dx
dv  

and a negative contribution to 
dx
dP .  This fact reflects 

itself in  Fig. 10 by affecting  the velocity  profile trend. 
The velocity  profile changes its trend into the opposite 
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Figure 1.  Pressure and temperature profiles inside the drillstring and annulus (Base case)

Figure 2.  Velocity profile inside the drillstring and annulus (Base case)

Figure 3.  Density profiles inside the drillstring and annulus (Base case)
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Figure 4.  Quality profile inside the drillstring and annulus (Base case)

Figure 5.  Pressure profiles inside the drillstring and annulus (Effect of quality)

Figure 6.  Velocity profiles inside the drillstring and annulus (Effect of quality)
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Figure 7.  Density profiles inside the drillstring and annulus (Effect of quality)

Figure 8.  Quality profiles inside the drillstring and annulus (Effect of quality)

Figure 9.  Pressure profiles inside the drillstring and annulus (Effect of temperature 
gradient)
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Figure 10.  Velocity profiles inside the drillstring and annulus (Effect of temperature 
gradient)

Figure 11.  Foam density profiles inside the drillstring and annulus (Effect of 
temperalture gradient)

Figure 12.  Quality profiles inside the drillstring and annulus (Effect of temperature 
gradient)
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The main reason for most of the changes in the hydro-
dynamics of the system lies on Fig. 11 which shows the
foam density profiles with changing temperature gradi-
ents. Since the gas density is highly dependent on temper-
ature, when there is a change in temperature, it is reflect-
ed first in the density, then in the quality, and finally in
pressure and velocity. There is a clear difference in foam
density trends in Fig. 11. In fact the density profile
changes its trend from a negative slope to a positive slope.
This result can be explained by real gas law. Since temper-
ature is inversely proportional to gas density, when the
geothermal gradient changes, an effect in density trend is
expected. The gradient selected for the base case makes
the density profile almost flat. That is why when the gra-
dient is changed; the slope changes its sign. As a conse-
quence of this, quality trends are similar to the ones in the
density profiles (Fig. 12).

7.3  Effect of Total Flow Rate
In a foam system, the quality can be kept constant even

when the flow rates of gas and liquid phases are changed
if the properties between gas and liquid phases are main-
tained. Therefore one can increase or decrease the total
flow rate while keeping the surface quality constant. In
this section, the analysis of the total flow rate was done by
using three different combinations of gas and liquid rate.
Table 2 summarizes these combinations.

As it can be seen from Figs. 13 through 15, the effect
of total flow rate is not significant in the drillstring. In
fact, it only changes the initial velocity of the foam which
makes the velocity profiles different from each other (Fig.
14). Since the model uses the ratio of the gas and liquid
flow rates rather than the total flow rate as a parameter
used in the calculations, changing only the total flow rate
without a change in quality does not play an important
role. The real effect can be seen after the bit where the
new density of the system is calculated using the total
mass flow rate which is calculated from the initial gas and
liquid flow rates. Since the rate of penetration was kept

constant for this analysis, the mass flow rate after the bit
is directly proportional to the initial flow rates. This fact is
reflected in all profiles. As the total flow rate increases the
slope of the pressure (Fig. 13) and quality profiles (Fig.
15) also increase. This is mostly because of the change in
gravitational force.

7.4  Effect of Wellbore Dimensions
This section discusses the effect of the wellbore geom-

etry which consists of the inner and outer diameters of
drillpipes, drillcollars, and inner diameter of the casing.
Bit diameter and casing setting depth were kept constant
since the changes in diameters of pipes are considered to
be sufficient to see the effect of the geometry. The diame-
ters of different pipes are shown in Table 3.

Most standard drillpipe, drillcollar, and casing sizes are
bounded by the minimum and maximum reference values
indicated in Table 3. In this section, the effect of broad
changes in the dimensions of casing, drill pipe, and drill
collars on the hydrodynamic profiles is demonstrated. For
instance, the effect of smaller diameter can be easily rec-
ognized in Figs. 16 to 18. The effect of larger diameter is
not significant because its cross-sectional area is relative-
ly close to the one of the base case. On the other hand, the
cross-sectional area of the 2.5-in diameter pipe is almost
one of tenth of the pipe with 7.5 in diameter. Since the
area directly affects the velocity, there is significant differ-
ence of the velocity profiles inside the drillpipe (Fig. 17).
The difference in velocity profiles affects the frictional
force calculations, although the gravitational force is not
affected at all. The influence of this difference can be
clearly seen in the pressure and quality profiles clearly
(Figs. 16 and 18).

7.5  Effect of Rate of Penetration (ROP)
Cuttings mass flow rate is controlled by the rate of pen-

etration and the bit diameter. However, if the bit diameter
is changed to analyze the effect of cuttings, then other pipe
diameters should also be changed in order to maintain rea-
sonable results. That would cause a change in well geom-
etry whose effect is discussed separately. Therefore,
changing the ROP is used to analyze the effect of cuttings
entering the fluid system.  Four different ROP values were
considered: 0 ft/min (no penetration, only circulation),
0.25 ft/min, 0.5 ft/min (base case) and 1 ft/min. As with
the nozzle size effect and since the cuttings are introduced
into the system after the bit, only the plots in the annulus
were included.  Figures 19 to 21 indicate that the ROP

Total Flow 
Rate (SCF/s) 

Gas Flow 
Rate 

(SCF/min) 

Liquid 
Flow 
Rate 

(gal/min) 

Quality 
(%) 

8.33 1.25 0.5 90.9 
16.67 2.5 1 90.9 

33.3 (Base case) 5 2 90.9 
50.02 7.5 3 90.9 

Table 2.  Combination of gas and liquid flow rates
(Effect of total flow rate)

IDdp, 
in 

ODdp, 
in 

IDdc, 
in 

ODdc, 
in 

IDcasing, 
in 

2.5 3 2 4.5 6 
5 

(Base 
case) 

5.5 4.5 7 9.25 

7.5 8 7 9.5 10 

Table 3.  Pipe diameters used in wellbore geometry
analysis

direction as the temperature gradient increases inside 
the drillstring. For the base case, the effects of pressure 
change and temperatur e gradients were compensating 
each other so that the change in velocity was gradual. 
Since pressure and temperature changes have an 
opposite effect on fluid density, accounting for both 
effects is critical in hydrodynamic studies.  
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Figure 13.  Pressure profiles inside the annulus (Effect of total flow rate)

Figure 14.  Velocity profiles inside the drillstring and annulus (Effect of total flow 
rate)

Figure 15.  Quality profiles inside the drillstring and annulus (Effect of total 
flow rate)
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Figure 16.  Pressure profiles inside the drillstring and annulus (Effect of wellbore
geometry)

Figure 17.  Velocity profiles inside the drillstring and annulus (Effect of wellbore 
geometry)

Figure 18.  Quality profiles inside the drillstring and annulus (Effect of wellbore 
geometry)
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Figure 19.  Pressure profiles inside the annulus (Effect of ROP)

Figure 20.  Velocity profiles inside the annulus (Effect of ROP)

Figure 21.  Quality profiles inside the annulus (Effect of ROP)
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mostly affects the density of the fluid after the bit which is
in a direct relationship with gravitational force values
inside the annulus. As a consequence, the pressure profiles
are very different from each other. The change in density
also triggers differences in quality and velocity profiles
since they are both directly dependent on density.

8.  Conclusions

This study has presented and developed a one-dimen-
sional, steady-state hydraulic model of underbalanced
drilling operations using foam. The model was tested for
various injection conditions, well depths, foam qualities,
bit and wellbore sizes, and temperature gradients to gain a
better understanding of their influence on the overall
drilling operation. Conclusions derived from this work are
described below:

Acknowledgments

The authors wish to thank the Turkish Petroleum
Corporation (TPAO) and the Petroleum and Natural Gas
Engineering Program at Penn State University for the sup-
port provided to this study.

References

Ayala, L.F. and Adewumi, M., 2003, "Low-Liquid
Loading Multiphase Flow in Natural Gas Pipelines,"
J.  of  Energy Resources and Technology, Trans.
ASME, Vol. 125, pp. 284-293.

Beyer, A.H., Millhone, R.S. and Foote, R.W., 1972, "Flow
Behavior of Foam as a Well Circulating Fluid," SPE
Paper 3986 presented at the 47th SPE Fall Meeting in
San Antonio, Texas, USA.

Cash, J. R., Karp A. H., 1990, "Variable order Runge-
Kutta Method for Initial Value Problems with Rapidly
varying  Right-hand Sides," ACM Transactions on
Mathematical Software, Vol. 16, pp. 201-222.

Chen, N.H., 1979, "An Explicit Equation for Friction
Factor in Pipe," Industrial & Engineering Chemistry
Fundamentals," Vol. 18(3), pp. 296-297.

David, A. and Marsden, S.S., 1969, "The Rheology of
Foam," SPE Paper 2544 presented in the SPE Fall
Meeting of the Society in Denver, Colorado.

Kuru, E., Okunsebur, O. M. and Li, Y., 2004, "Hydraulic
Optimization of Foam Drilling for  Maximum
Drilling Rate," SPE Paper 91610 presented at the
SPE/IADC Underbalanced Technology  Conference
and Exhibition held in Houston, Texas, USA.

Li, Y. and Kuru, E., 2005,  "Numerical Modelling of
Cuttings Transport with Foam in Vertical Wells,"  J. of
Canadian Petroleum Technology, Vol. 44(3).

Lord, D. L., 1981, "Analysis of Dynamic and Static Foam
Behavior," J. of Petroleum Technology, pp. 39-45.

Lourenço, A. M. F., Miska, S. Z., Reed, T. D., Pickell, M.
B. and Takach, N. E., 2004, "Study of the Effects of
Pressure and Temperature on the Viscosity of Drilling
Foams and Frictional Pressure Losses," SPE Paper
84175, SPE Drilling & Completion, Vol. 19(3), pp.
139-146.

Millhone, R. S., Haskin, C. A. and Beyer, A. H., 1972,
"Factors Affecting Foam Circulation in Oil Wells,"
SPE Paper  4001 presented in the SPE Fall Meeting in
San Antonio, Texas, USA.

Mitchell, B. J., 1970, "Viscosity of Foam," PhD Thesis,
The University of Oklahoma, Oklahoma, 1970.

Okpobiri, G. A. and Ikoku, C. U., 1982, "Experimental
Determination of Solids Friction Factors and
Minimum Volumetric Requirements in Foam and
Mist Drilling and Well Completion Operations," Final
Report, Fossil Energy, US Department of Energy,
University of Tulsa, Oklahoma, USA.

Okpobiri, G. A. and Ikoku, C. U., 1986, "Volumetric
Requirements for Foam and Mist Drilling
Operations," SPE Paper 11723, SPE Drilling
Engineering (February).

• The quality of foam or the volume fraction of gas 
is directly affected by the density of the gas, which 
is impacted by variations in system pressure and 
temperature. Moreover, when the change in 
temperature is larger or smaller than the change in 
pressure, a change in density and a corresponding 
change in the quality of foam occurs. 

• The assumption of isothermal conditions is not a 
reasonable assumption for the system under 
consideration given the impact of temperature on 
gas density and the corresponding impact of gas 
density on the quality of foam. 

• The quality of foam as realized at the wellhead can 
be predetermined by varying the volumetric flow 
rate of the gas and liquid, which in turn changes the 
mixture’s density at the surface. The changes in 
foam quality at the surface impact the pressure 
trends and velocity profiles with depth in the 
wellbore. These effects become negligible after the 
cuttings are mixed into the foam fluid because the 
change in fluid density is negligible compared to 
that of the cuttings density. 

• If the proportion of gas and liquid is kept constant, 
variations in total volumetric flow rate do not 
change the quality of the foam. The impact is seen 
however in the difference in total mass flow rate. 
The change in total mass flow rate does not affect 
the other variables in drillstring except for the 
velocity.  

• The gravitational force is almost always dominant 
when compared to that of the frictional force, and 
results in an increase in pressure when moving 
downhole.  For the upward flow in the annulus, a 
decrease in pressure is experienced given that both 
the gravitational and frictional forces act together 
against fluid pressure.  

• The magnitude of velocity of the fluid flowing 
inside a wellbore is highly dependent on the 
density of the fluid. When the density is kept 
constant, it is seen that the change in velocity 
profile is negligible. However, if the density 
change is large enough, a significant change in 
velocity is observed. 



119

The Journal of Engineering Research Vol. 4, No.1 (2007)  103-119

Ozbayoglu, M. E., Akin, S. and Eren, T., 2005, "Foam
Characterization Using Image Processing
Techniques", SPE Paper 93860 presented at the SPE
Western Regional Meeting held in Irvine, California,
USA.

Ozbayoglu, M. E., Kuru, E., Miska, S. and Takach, N.,
2000,  "A Comparative Study of Hydraulic Models
for Foam Drilling," SPE Paper 65489 presented at the
SPE/Petroleum Society of CIM International
Conference on Horizontal Well Technology held in
Calgary, Alberta, Canada.

Ozbayoglu, M. E., Miska, S. Z., Reed, T. and Takach, N.,
2003, "Cuttings Transport with Foam in Horizontal &
Highly-Inclined Wellbores", SPE Paper 79856 pre-
sented at the SPE/IADC Drilling Conference held in

Amsterdam, The Netherlands.
Peng, D. and Robinson, D.B., 1976, "A New Two-

Constant Equation of State", Industrial Engineering
Chemical    Fundamentals, Vol. 15(1), pp. 59-64.

Press, W. H., Teukolsky, S.A., Vetterling, W. T. and
Flannery, B. P., 1994, “Numerical Recipes in Fortran:
The Art of Scientific Computing,” Cambridge
University Press, Second edition, pp. 701-716.

Raza, S. H. and Marsden, S.S., 1967, "The Streaming
Potential and Rheology of Foam," SPE Paper 1748,
Society of Petroleum Engineers Journal, pp. 359-368.

Sanghani, V. and Ikoku, C. U., 1982, "Rheology of Foam
and Its Implications in Drilling and Cleanout
Operations, " Topical Report, The University of Tulsa,
Oklahoma, USA.


